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fO < a<b<c < then: q2t’—c) pblc-a® cc(a®-b*) < 1
e

Proposed by Pavlos Trifon-Greece
Solution by Mohamed Amine Ben Ajiba-Tanger-Morocco

1
Letx=a% y=b" z=c"and f(x) =x* x€ (O’Z )
We have f'(x) = In(xe).x* < 0,
1
then f is decreasing on (O'Z] and0<z<y<x< lir(gl+ f(x)=1.
X

The problem becomes to prove that

X2y *zxV <1 o (y—2z).lnx+(z—x).lny+ (x—y).lnz < 0,

X
S (y—2)(Inx—Iny) < (x—y)(lny—1Inz) & (y—2z).ln (;) <(x—-y).ln (g)
1
Using the known inequality, 1 — s <lnt<t-—1, vVt > 0,we have

(y—z).ln(g) < (y—z).(g—l) =(x-v) (1—;) < (x—y).ln(g),

which completes the proof. Equality holds iffa=b = c.



