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Let 𝒙 be the length of the sides of the square. It is sufficient to show that 𝑺 =
𝟕𝒙𝟐

𝟑𝟎
. Because 

𝑴𝑵𝑷𝑸 is a square, 𝑺 = 𝑴𝑵𝟐 + 𝟒 ⋅ (𝓐𝚫𝑨𝑸𝑴 −𝓐𝑨𝑫𝑭𝑮). By Menelaus’s Theorem in 𝚫𝑻𝑩𝑺 

(where 𝑩𝑺 = 𝑺𝑪), with 𝑨 −𝑴− 𝑪, we have: 



 
𝑻𝑨

𝑩𝑨
⋅
𝑩𝑪

𝑺𝑪
⋅
𝑺𝑴

𝑻𝑴
= 𝟏 ⇔

𝑨𝑴

𝑪𝑴
=
𝟏

𝟐
⇒ 𝑨𝑴 = 𝑨𝑸 =

𝑨𝑪

𝟑
=
𝒙√𝟓

𝟔
 

Then, 𝑮𝑴 = 𝑨𝑴−𝑨𝑮 =
𝒙√𝟓

𝟔
−

𝒙√𝟓

𝟏𝟎
=

𝒙√𝟓

𝟏𝟓
, and 𝑮𝑴+𝑮𝑸 =

𝒙√𝟓

𝟓
⇒ 𝑮𝑸 =

𝟐𝒙√𝟓

𝟏𝟓
, so we 

obtain that 𝑴𝑸 = √𝑮𝑴𝟐 + 𝑮𝑸𝟐 =
𝝅

𝟑
 

We also have 
𝑨𝑮

𝑨𝑴
=

𝒅(𝑨;𝑮𝑫)

𝒅(𝑨;𝑴𝑸)
=

𝟑

𝟓
⇒ 𝒅(𝑨; 𝑮𝑫) =

𝒙

𝟓
⇒ 𝒅(𝑮;𝑴𝑸) =

𝟐𝒙

𝟏𝟓
, yielding to 𝑮𝑫 =

𝒙

𝟓
. 

Finally, we have: 

𝑺 = 𝑴𝑵𝟐 + 𝟒 ⋅ (𝓐𝚫𝑨𝑸𝑴 −𝓐𝑨𝑫𝑭𝑮) ⇔ 𝑺 =
𝒙𝟐

𝟗
+ 𝟒 ⋅ (

𝒙𝟐

𝟏𝟖
−
𝑨𝑭 ⋅ 𝑮𝑫

𝟐
), 

Leading us to 𝑺 =
𝒙𝟐

𝟗
+ 𝟒 ⋅ (

𝒙𝟐

𝟏𝟖
−

𝒙𝟐

𝟒𝟎
) =

𝟕𝒙𝟐

𝟑𝟎
, so the proof is finished. 

 


