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S.2472If a, b, c > 0, then:

(2a+b)\/g+(2b+c) g+(2c+a)\/§23(a+b+c)

Proposed by Bogdan Fustei — Romania
Solution by Titu Zvonaru-Romania

First, we will prove the inequality:
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Using the known inequality x? + y% + z2 > xy + yz + zx, we obtain

x3 y3 Z3

y z x

3 3 43
=7—2x2+xy+y7—2y2+yz+;—222+zx+2(x2+y2+zz)—(xy+yz+zx)

_x(x- y)? N y(y — z)* N z(z — x)?
y z

+(x?+y*+z22—xy—yz—zx)+x* +y* + 2% >

> x% +y? + 22,
hence the inequality (1) is true. Equality holds if and only if x = y = z.

Applying AM — GM inequality and (1) for x = va,y = Vb, z = /¢, it follows that
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Equality holds if and onlyif a = b = c.

+2a+2b+2c=a+b+c+2(a+b+c)=3(@+b+c).




